Assume the theorem is false. We know the following;:
(Vo) svy (vg) = sva (vg) = SINGLEVALUED (vy)

(Vvg,v1) (vo,v1) € POWER = P(vg) = 0,

We then substitute vg, for vy to obtain

(Vv1,v64) (ves,v1) € POWER — P (vgs) = 01
In (Vvg) U(P(vg)) = vy we substitute vgy for vy to obtain

(Vvgs) U (P (v6s)) = vea

which together with (3) yields

(Vv1,v64) (ves,v1) € POWER — U (v1) = vy
We then substitute vy for vg, to obtain

(Vvg, v1) (vo,v1) € POWER = U (v1) = vy
We know the following;:
(Vvg) vo €V x VA SINGLEVALUED (vy) = FUNCTION (vy)
We then substitute vg, ! for vy to obtain
(Vves) ves ' €V x V' A SINGLEVALUED (ves ') = FUNCTION (vgs ')

We know the following;:
(VU()) Uo_l - V xV

We then substitute vgy for vy to obtain
(Vves) vga  CV x V
which together with (5) yields
(Vvgs) SINGLEVALUED (vgs~') = FUNCTION (ves ")
We then substitute vy for vgs to obtain
(Vvo) SINGLEVALUED (0071) — FUNCTION (1}071)
We know the following:

(VUO> SINGLEVALUED ('Uo) \Y <SV3 (Uo) ,SVq <U0)> € Vg
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We then substitute vy ~! for vy to obtain
(Vvp) SINGLEVALUED (vy ") V (svs (vo™"),sv1 (vo™")) € v
which together with (6) yields
(Vvo) FUNCTION (vo’l) Vv <SV3 (qu) ,SVy (v0’1)> €yt (7)
We know the following;:
(Vvg) SINGLEVALUED (vg) V (svs (vg) ,sva (v0)) € vg
We then substitute vy ~! for vy to obtain
(Vvp) SINGLEVALUED (vy ") V (svs (vo™"),sva (v~ ")) € v
which together with (6) yields
(Vvo) FUNCTION (vo_l) V <SV3 (vo_l) ,SVa (vo_l)> €yt (8)
In (4) we substitute & (vg4) for vy to obtain
(Yoo, vea) (vo, P(v64)) € POWER — U (2 (v64)) = 0
which together with (Vvgy) U (22 (vg4)) = vy yields
(Yoo, v64) (vo, P(ves)) € POWER = vy = Vg4
We then substitute v; for vgs to obtain
(Mg, v1) (vo, P(v1)) € POWER —> vy = 13 (9)
We know the following;:
(Vvo) FUNCTION (vy) A FUNCTION (vy~') = ONEONE ()
We then substitute POWER for vy to obtain
FUNCTION (POWER) A FUNCTION (POWER™) — ONEONE (POWER)
which together with FUNCTION (POWER) yields
FUNCTION (POWER™") = ONEONE (POWER) (10)
In (7) we substitute POWER for vy to obtain

FUNCTION (POWER™') V (sv3 (POWER™') ,svi (POWER™")) € POWER™"
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which together with (10) yields
ONEONE (POWER) V (svs (POWER™") ,sv; (POWER™")) € POWER™'
which together with -~ ONEONE (POWER) yields
(svs (POWER™") ,svi (POWER™ ")) € POWER™' (11)
We know the following;:
(Yoo, v1,v2) {v,v1) €va™t = (v1,10) € vy (12)

We then substitute svg (POWER_l) for vy and sv; (POWER_l) for v; and POWER for v
to obtain

(svs (POWER™) ,svi (POWER™")) € POWER™' = (sv; (POWER™") sv3 (POWER™")) € POW
which together with (11) yields
(svi (POWER™") ,svs (POWER™")) € POWER (13)
In (8) we substitute POWER for v, to obtain
FUNCTION (POWER™) V (svs (POWER™") svo (POWER™")) € POWER™"
which together with (10) yields
ONEONE (POWER) V (svs (POWER™") svo (POWER™")) € POWER™'
which together with -~ ONEONE (POWER) yields
(svs (POWER™") ,svo (POWER™")) € POWER™' (14)
In (2) we substitute svi (POWER™") for vy and svz (POWER™") for v; to obtain
(svi (POWER™") ,svs (POWER™")) € POWER = P (svi (POWER™")) =svs (POWER™")
which together with (13) yields
P (svi (POWER™")) = svs (POWER™)
which together with (14) yields
(P(svi (POWER™)),sv, (POWER™')) € POWER™ (15)

In (12) we substitute & (sv; (POWER™")) for vy and svo (POWER™") for v; and POWER

for v, to obtain

(P(svi (POWER™)),svo (POWER™")) € POWER™" = (sv, (POWER™"), 2 (svi (POWER™)))
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which together with (15) yields
(svo (POWER™"), P (svi (POWER™"))) € POWER (16)
In (9) we substitute svy (POWERfl) for vy and svy (POWERfl) for v; to obtain
(svo (POWER™"), P(svi (POWER™"))) € POWER = sv, (POWER™') =sv; (POWER™")
which together with (16) yields
svo (POWER™") = svi (POWER™") (17)
In (1) we substitute POWER™! for vy to obtain
svo (POWER™') =sv; (POWER™') = SINGLEVALUED (POWER™")
which together with (17) yields
SINGLEVALUED (POWER™")
In (6) we substitute POWER for v, to obtain
SINGLEVALUED (POWER™') = FUNCTION (POWER™")
which together with SINGLEVALUED (POWER*I) yields
FUNCTION (POWER™)
which together with (10) yields
ONEONE (POWER)

but this contradicts = ONEONE (POWER).



